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Abstract

Road Grade is the slope of roads. Road grade is an important factor in eco-routing. Taking
road grade into account when choosing a route can save up to 20% on fuel. Road grade
profiles are generated using GPS points and elevation data from digital elevation models
(DEMs). The resolution of the DEMs used dictates the accuracy of the generated road grade
information. DEMs with a precision of up to 30m2 are freely available [1]. More precise DEMs
can be purchased from companies but are very expensive. Analysis of how much the resolution
of DEMs effects the accuracy of the road grade information must be done to give insight into
how accurate road grade data is when generated from DEMs of a certain resolution. This
analysis will also give an idea of what resolution DEM should be used, or bought, to create road
grade data of a certain accuracy. A 2m2 DEM was downsampled to 6m2, 10m2, 20m2, and
25m2 DEMs. GPS traces collected from buses in the city of Dublin, Ireland, were combined
to generate route profiles for bus routes. Road grade profiles were generated for each bus
route using the DEMs of varying resolutions. The road grade profiles’ accuracy was found to
increase linearly as the DEMs used got more precise. The increase in accuracy afforded by
using a higher resolution DEMs was found to be insignificant, with only a decrease in mean
average error of less than 0.1 degrees from 26m2 to 10m2. The results indicate that using
freely available DEMs is likely acceptable for most eco-routing solutions.
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1 Introduction and Motivation

Road grade is the change of elevation between two points along a road divided by the
horizontal distance between the two points. Road grade is an essential factor in vehicles’ fuel
consumption. Taking road grade into account when choosing a route can save 20% of fuel
consumption [3].

Eco-routing is choosing which route a vehicle should take from their origin to destination to
use the least amount of fuel. There has been an increasing amount of work on eco-routing
in the past few years [4]. It is important to create accurate energy consumption models to
improve the effectiveness of eco-routing. Vehicle fuel consumption models depend on road
grade, and the many models which leave out the effects of road grade [4] result in incorrect
estimates of energy consumption [5]. Therefore more accurate road grade information would
be of benefit to the development of eco-routing solutions.

It has been shown that of the best ways to obtain road grade on a city-wide scale is to use
data gathered by intelligent transport systems (ITS) along with elevation from digital
elevation models (DEMs) [6]. GPS traces from repeated bus runs outline the location of
roads. The repetition of the bus runs increases precision of the road grade profiles by giving a
more accurate representation of the bus route [7]. DEMs map elevation values to coordinates
so that elevation profiles can be generated for bus routes which are then filtered to remove
anomalous points [8]. Road grade profiles for the bus routes can then be calculated.

Global DEMs that model the elevation of the entire earth are made readily available to the
public [1] [9]. Such DEMs have been generated by satellites and have a maximum resolution of
30m2 [10]. The accuracy of road grade is dependent on the resolution of the DEMs used to
calculate it. However, precise elevation data can be difficult or expensive to obtain. There is
a need to analyse the effect that DEM resolution has on road grade calculations to
determine the necessity of using more precise elevation data.

In this work, we aimed to determine how much of an improvement in road grade accuracy is
afforded by an increase in DEM resolution. Elevation data of various resolutions is used with
Dublin Bus GPS traces to calculate road grade information for bus routes around County
Dublin, Ireland. Road grade is calculated using the pipeline for road grade automation
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developed by Singla et al. (2018) [11]. The road grade profiles calculated using different
DEMs resolutions are compared to determine how the DEM resolution affects road grade
profile accuracy.

Road grade accuracy was found to scale approximately linearly with DEM resolution.
However, it was shown that using higher resolution DEMs affords only a small improvement
in road grade accuracy, with only a decrease of less than 0.1 degrees in mean absolute road
grade error across the routes when using a DEM of 10m2 over a DEM of 26m2.

Figure 1.1: The Dublin Bus routes of which road grade profiles were generated in this work.

This dissertation adheres to the following structure:

• Chapter 2 discusses other works that have done similar investigations into the effects
of DEM resolution in different application areas and state of the art in generating large
scale road grade information.

• Chapter 3 introduces the concepts and background information necessary for
understanding the work.

• Chapter 4 describes in detail how the experiments in this work were carried out.

• Chapter 5 presents and discusses the results of the work.

• Chapter 6 concludes the results and evaluates their significance.

• Chapter 7 suggests future work that could be done following this research.

2



2 State of the Art

2.1 Similar Works

Elevation data has a wide range of use cases and is essential in many fields. There have
been similar pieces of work where DEMs have been downsampled to different resolutions to
evaluate the effect their resolution has on calculations from various application areas.

Xun Shi et al. (2012) [12] compared how LiDAR DEMs and widely available less accurate
DEMs perform in calculations of slope gradient for knowledge-based digital soil mapping.
They compared how the gradients generated from a 10m2, a 1m2 and a 5m2 (downsampled
from the 1m2) DEM matched the gradient generated from 159 elevation values measured in
the field by soil scientists. It was found that the gradients calculated from the LiDAR data
(1m2 and 5m2) "performed significantly better" than the 10m2 DEM. They did not discover
any considerable differences between the 1m2 DEM and the 5m2 downsampled from it.

Zhao et al. (2010) [13] compared how DEM accuracy and resolution affects hydrologic
parameters and modelling. They also compared 1m2 and 10m2 LiDAR DEMs and a 10m2

DEM that was made using aerial photogrammetry. LiDAR has been shown to give more
accurate elevation values than DEMs obtained using aerial photogrammetry [14]. They used
each DEM to estimate soil loss in a watershed, and a field survey showed that the DEM
resolutions had "substantial influence" on a number of the different parameters used in
hydrologic modelling. The 1m2 DEM was able to find many features of interest that the
DEMs of a lower resolution could not.

Gillin et al. (2015) [15] compared the accuracy of terrain analysis metrics calculated from a
1m2 DEM and 3m2, 5m2 and 10m2 DEMs (downsampled from the 1m2 DEM) to those
calculated from field measured values. They were interested in the suitability of higher
resolution DEMs for terrain analysis, as less precise DEMs have mostly been used because of
their widespread availability. The similarities in the watershed boundaries, topographic
metrics and RMSE values that were calculated for each of the DEMs revealed that the
different DEMs did not produce much of an accuracy difference. The researchers found that
the DEMs produced the best estimate of gradient when their resolution reflected the field
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measurement scale. They suggest that, for hydrologic modelling, DEM resolution be
carefully selected based on the scale of features in the area being researched that have a
significant effect on hydrologic response, rather than always choosing the DEM of the
highest resolution.

Ruhoff et al. (2011) [16] performed an analysis of how DEM resolution affects topographic
wetness index (TWI; which is a metric vital to hydrologic processes) calculations. They
compared the TWI generated from 25m2, 50m2 and 100m2 DEMs. They found that DEM
resolution had a significant effect on TWI values, but do not claim that the values obtained
with a DEM of a higher resolution are necessarily better.
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2.2 Generating Large Scale Road Grade Information

There are many different tested methods for generating road grade. Magrath et al.
(2017) [6] evaluated different methods of determining road grade by replicating five studies
where different methods were used. The researchers conclude that two methods met all
requirements that had been set out in the study, making them particularly suited to large
scale analysis and estimation of road grade profiles above the other methods.

The first of the two especially suitable methods is one suggested in a study by Wood et al.
(2014) [8] where elevation values from the one arc-second SRTM DEM were appended to
GPS speed traces recorded by vehicles to generate elevation profiles. The elevation profiles
are then put through a filtering and smoothing routine to remove anomalous elevation
values.

The second method replicated a study by Boroujeni et al. (2013) [7] where repeated runs
were performed on several study routes, and their data was combined to create route
profiles. The route profiles generated were used to generate road grade information. It was
found that at least ten runs were necessary to get accurate road grade information, due to
errors in the collected GPS information during the runs.

A paper by Singla et al. (2018) [11] reports on an approach to generate large scale road grade
information that is based on the two methods suggested by Magrath et al. (2017) [6]

described above. The work used Dublin Bus data and SRTM elevation data to generate
road grade profiles for routes around the city of Dublin, Ireland. A pipeline for automating
the road grade calculations was developed, with different methods tested at each stage of
the pipeline to determine the methods which would result in road grade profiles most similar
to those derived from elevation values taken from the Google Elevation API [17].

This work uses the pipeline for generating large scale road grade information set out in the
work by Singla et al. (2018) to determine road grade profiles for many bus routes around
the city of Dublin, Ireland. The high-level overview of the pipeline for generating road grade
is described in the following section.
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2.3 Road Grade Automation Pipeline

The pipeline for generating large scale road grade information set out by Singla et al. (2018)
is described below. A version of this pipeline is used in this project to generate road grade
profiles for bus routes around the city of Dublin, Ireland.

• Extract bus GPS traces (trips).

• Segment trips by route.

• Match GPS points from trips to their nearest OSM nodes.

• Clean trip data.

• Average trips into routes.

• Interpolate elevation values for each GPS point in routes to obtain elevation profiles.

• Filter elevation profiles.

• Calculate road grade profiles from elevation profiles.

6



3 Background

3.1 DEMs

A digital elevation model (DEM) is a 3D representation of the surface of a terrain. It is a
geographic database specifically for the elevation of terrain. DEMs usually model the surface
of a planet. In the context of this project, the DEMs model the surface of the earth. For
most DEMs that represent the earth, and all of those discussed in this project, this is the
elevation above (or below) sea level.

DEMs and digital terrain models (DTMs) represent the bare earth, which means that they
do not take into account the elevation of vegetation or human-made structures such as
buildings and bridges. Digital surface models (DSMs) and digital height models (DHMs) are
different types of elevation models that do capture the natural and built features on the
earth’s surface [18] [19].

DEMs come in the form of raster data, which are grids of pixels. Each pixel value of a DEM
is referred to as a ’tile’. A tile of a DEM represents a region on the surface of the planet.
The size of the tiles dictates the horizontal resolution of the DEM. A "30m DEM" has tiles
that are 30m2; giving one elevation value to each 30m2.

DEM resolution can sometimes be described in "arc-seconds". An arc-second represents the
distance of latitude or longitude traversed on the earth’s surface while travelling one second
(1/3600th of a degree), which is 30m [1]. A 1 arc-second DEM is said to have a resolution of
30m2 [20].

There are many methods for generating DEMs. Different methods of creating DEMs are
employed depending on the intended use of the DEM. Among the methods of creating
DEMs are satellite mapping and LiDAR, which is discussed below. DEMs are particularly
suitable for generating road grade information on a large scale [6].
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3.1.1 LiDAR

LiDAR stands for Light detection and ranging [21]. It is a method of surveying by emitting
pulses of light at a target and measuring the distance to the target by sensing the light’s
reflection. The differences in the return times of the pulses of light are used to create 3D
models of the target.

Airborne LiDAR is when an aircraft uses LiDAR to create a 3D point model of a
landscape [22]. LiDAR data collected this way creates very high-resolution DEMs [23]. As
LiDAR DEMs are collected with aircraft that are much closer to the earth’s surface than
satellites, it is more challenging to create LiDAR DEMs that span a region as large as those
created with satellites. LiDAR DEMs have a much higher resolution than satellite made
DEMs, having resolutions of 30cms or better [24]. An example of high-density LiDAR data
collected over Dublin city centre, Ireland is shown in figure 3.1. The data in visualised in
figure 3.1 comes from the New York University Spatial Data Repository [25] and has 335
points per m2.

Figure 3.1: An example of high-density LiDAR data in the city of Dublin, Ireland.

3.1.2 Coordinate Systems

A map projection is a transformation of latitude and longitude coordinates onto a plane [26].
A coordinate reference system defines a map projection and a conversion between different
spatial reference systems. Irish Transverse Mercator (ITM) is the geographic coordinate
system for Ireland. It was implemented jointly by the Ordnance Survey Ireland and the
Ordnance Survey of Northern Ireland [27]. ITM coordinates are also known as EPSG:2157
coordinates [28]. The elevation data used in this project is defined using the ITM coordinate
system. For data to be sampled from the elevation files, GPS points must be transformed
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from latitude and longitude into ITM coordinates. An example of coordinate systems and
map projections can be seen in figure 3.3.

Figure 3.2: The Irish Transverse Mercator and Latitude and Longitude coordinate reference
systems.
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3.2 OSM

"OpenStreetMap is a free, editable map of the whole world that is being built by volunteers
largely from scratch and released with an open-content license." [29]. OSM is made up of
billions [30] of nodes that represent different features and amenities of the world. Nodes have
tags to describe what type of feature or amenity they are. Nodes with the "highway" tag are
taken to make up part of a road. In this project, OSM nodes are used to help in the cleaning
process. GPS points are assigned the closest OSM "highway" node to them to determine
the part of a road they are supposed to represent.

Figure 3.3: The OSM nodes tagged with "highway" in County Dublin, Ireland.
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3.3 Filters

During several steps of the process of estimating road grade profiles, data is filtered to
remove anomalous or erroneous points.

3.3.1 Moving Average Filter

A moving average filter is used to remove random noise from signals and is the most
commonly used filter in digital signal processing [31]. It takes an array of ‘n’ consecutive
points of a signal and returns the unweighted average value of those points.

In this project, a moving average filter is used when averaging GPS traces into a single route
profile. The moving average filter is described by the following equation:

y[i ] =
1

n

n−1∑
j=0

x[i + j ]

Where x[ ] is the input signal, y[ ] is the output signal, and n is the size of the filter.

3.3.2 Savitzky Golay Filter

The Savitzky Golay filter is a filter which is useful for reducing noise in signals while
maintaining the shape and height of waveform peaks [32]. It was developed by Abraham
Savitzky and Marcel Golay in 1964 [33]. The elevation filtering stage of the road grade
automation pipeline makes use of the Savitzky Golay filter.

3.3.3 Advanced Binomial Filter

Binomial filters are an approximation of Gaussian filters [34]. A binomial filter applies
weighted averaging to the input signal. A filter of size n is defined which has n weights.
Each value in the output signal is given the weighted average of the n points around its
corresponding input value. The equation that defines the binomial filter is given below:

y[i ] =
1

w*

j=5∑
j=1

x[i + j − 3].w[i ]

Where x[ ] is the input signal, y[ ] is the output signal, n is the size of the filter, w[ ] is the
array of weights, and w* is the sum of the weights.
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In this project, a filter of size n = 5 is used with the weights [1,4,6,4,1], following the work
done by Singla et al. (2018) [11].

3.3.4 Combined Binomial Savitzky Golay Filter

In the combined binomial Savitzky-Golay filter, an advanced binomial filter and a
Savitzky-Golay filter are applied to the input signal to produce two output signals. The
output of the combined filter is the average of those two output signals. Each pair of
corresponding points from the two signals are added together and divided by two to get their
corresponding output value.
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3.4 Interpolation

During several stages of the road grade automation pipeline, values are interpolated from
data to estimate values of data which are missing or to get a more accurate estimation of
what values should be at certain points.

3.4.1 Linear Interpolation

Linear interpolation is used to estimate the value of a signal at points along the signal where
there is no data. The values of the data points surrounding the missing datapoint are used
to estimate the missing datapoint’s value. The equation for linear interpolation is given
below:

y = y0 + (x − x0)
y1− y0

x1− x0

Where the missing datapoint (x,y) can be found between the points (x0,y0) and
(x1,y1).

3.4.2 Bilinear Interpolation

Bilinear interpolation is used to estimate the unknown value of a point using the known
values of the four nearest points. The values of the four nearest points surrounding the point
of interest are put into a weighted average to determine the output value of the bilinear
interpolation. The weights applied to the interpolation points are inversely proportional to
their distance from the point who’s value is being interpolated [35]. A variation of bilinear
interpolation is used in this work to estimate elevation values for GPS points on routes.
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3.5 Calculations

3.5.1 Distance Calculation

There are different ways of calculating the distance between two GPS points. The most
commonly used approach of calculating the distance between two GPS points is the
Haversine formula [36]. The work by Singla et al. (2018) [11] used the Haversine formula to
calculate the distance between points.

This piece of work uses the Vincenty formula for the distance between two points. The
Haversine formula is based on the assumption that the earth is a sphere, whereas the
Vincenty formulae are based on the assumption that the figure of the earth is an oblate
ellipsoid [37]. This assumption results in more accurate calculations of distance [38], with the
caveat of a greater calculation time [39].

3.5.2 Road Grade Calculation

Road grade is the slope of the road at a point. To create a route’s road grade profile, the
slope between consecutive points at regular intervals along the route is calculated. For this
piece of work, road grade is calculated as the ratio of the vertical distance between two
points to the horizontal distance between the two points. The formula for road grade angle
in radians is given below:

Θ = arctan(
∆ψ

∆d
)

Where Θ is the road grade angle in radians, ∆ψ is the vertical distance between the two
points, and ∆d is the horizontal distance between the two points.

In this piece of work, road grade is expressed in degrees. Road grade can be converted from
radians to degrees with the following equation:

Θd = Θr
180

π

Where Θd is the road grade angle in degrees and Θr is the road grade angle in degrees.
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3.6 Statistical Measures of Error

The two statistical measures of error used in this work are the root mean square error and
the mean absolute error. Both errors have differences in how they describe the error between
predicted values and observed values. Each measure of error has advantages over the other
in certain circumstances, but the use of both gives a better picture of the errors in the
data [40] [41].

3.6.1 Root Mean Square Error

Root mean square error (RMSE) way of expressing the error between a set of predicted
values and a set of observed values. In RMSE, outliers of a higher magnitude have more of
an effect on the overall error value. This is because the squaring of the differences means
that high errors affect the RMSE value significantly.

RMSE is defined as the square root of the mean of the squared differences between the
corresponding elements of the predicted values and the observed values [42].

RMSE =
√

Σn
i=1(pi − oi)2/n

Where n is the number of elements in the predicted and observed values, pi is the i th

element of the predicted values and oi is the i th element of the observed values.

3.6.2 Mean Absolute Error

Mean absolute error (MAE) is another way of expressing the error between a set of predicted
values and a set of observed values. A high MAE means that there are many errors
throughout the data. Single errors with a high magnitude have less of an impact on the
overall output value than in RMSE as the value of the differences between predicted and
observed values are not squared before being averaged.

The absolute error between a predicted and observed value is the absolute value of the
difference between them. The mean absolute error of a set of predicted values against a set
of observed values is the mean of the absolute errors between each corresponding predicted
and observed element of the two sets.

MAE =
1

n

n∑
i=1

|pi − oi |
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4 Experimental Setup

4.1 Datasets

4.1.1 Bus Data

Dublin Bus data was made freely available by Dublin City Council on data.gov.ie in June
2013 [43]. Data representing trips that buses took in January 2013 was downloaded. This
data is made up of many points that each represent part of a bus journey that took place
during that time. A new datapoint was recorded by the buses roughly every 20 seconds.
Each datapoint includes the following relevant data as well as other data not relevant to this
work.

• time_stamp: The datetime at which the datapoint was recorded at (which allows
nodes to be ordered by when then they were recorded).

• journey_pattern_ID: The unique identifier of the route (and inbound or outbound
direction) the bus was on.

• vehicle_journey_ID: The unique identifier of the trip the bus was taking on the
route.

• lon_WGS84 & lat_WGS84: The coordinates of the bus at the time the datapoint
was recorded.

4.1.2 OSM Data

OSM data was downloaded. The OSM data of interest is the ID and coordinates of the
nearest OSM "highway" node of every GPS point in the Dublin Bus dataset.

OSM has an API called Overpass [44]. Users can query the Overpass API for nodes that fit
certain requirements near some coordinates [45]. This query can be used to get the nearest
"highway" node to the GPS coordinates of a point in the Dublin Bus data. Unfortunately,
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Overpass rate limits users so that they can only make a certain number of requests before
having to wait a period of time until they can make their next request. This rate limiting
makes it infeasible to make a request for every single node in the Dublin Bus dataset.

Users can also query the Overpass API for nodes that fit specific requirements and are
located within a bounding box. For instance, all "highway" nodes found within the region
Dublin Bus operates in can be downloaded within seconds. With all the nodes of interest
downloaded to a local machine, the closest OSM nodes to Dublin Bus GPS points could be
extracted without making further network requests. The following trivial algorithm was
created to find the nearest OSM to every point in the Dublin Bus data, and to append that
node’s information to the Dublin Bus datapoint.

for po i n t in da t a s e t :
c l o s e s t_node = osm_nodes [ 0 ]
for node in osm_nodes :

i f d i s t a n c e ( po in t , node ) < d i s t a n c e ( po in t , c l o s e s t_node ) :
c l o s e s t_node = node

po i n t [ ’ c losest_osm_node ’ ] = c l o s e s t_node

This algorithm proved too slow when iterating through each "highway" node in the entire
region that Dublin Bus operates. The process of assigning OSM nodes to every point in the
Dublin Bus dataset was streamlined by downloading all the OSM "highway" nodes that can
be found within the region that each route operates. The difference in these approaches is
depicted in figure 4.1. Only highway nodes which appear in the region that Dublin Bus
datapoint’s route operates in are considered when assigning an OSM node to the datapoint.
This sped up the "point matching" stage of the pipeline considerably.

Once this process had finished, each point in the Dublin Bus dataset had been updated to
have the ID and longitude and latitude coordinates of its closest OSM "highway" node.

4.1.3 Elevation Data

LiDAR elevation data was provided by OSi. It covers the entire area in which that Dublin
Bus operates.

The data is 7.25GB large. It is in .xyz format. .xyz files are made of rows of three pieces of
data. Each row in this dataset has an x coordinate, a y coordinate and an elevation value.
The dataset uses the Irish Transverse Mercator coordinate system [28], which was
implemented by OSi themselves along with OSNi [27]. The elevation values at each location
are in metres, representing the elevation above sea level. The data is made up of 273 files
that make up this area. Each row of the files represents the elevation value given to one 2m2
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Figure 4.1: The OSM highway nodes in the region that Dublin Bus operates vs the OSM
highway nodes in the region that the 27B bus route operates.

area in Dublin.

The elevation data was downsampled from 2m2 to 6m2, 10m2, 20m2 and 26m2. To reflect
the elevation values of freely available global DEMs which are of a lower resolution [46], the
larger tiles in the downsampled DEMs were each given the average value of the smaller 2m2

tiles from the 2m2 DEM to which they correspond. This downsampling technique is
visualised in figure 4.2.
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Figure 4.2: An example of the downsampling of a 2m2 DEM to a 6m2 DEM.

19



4.2 Method Overview

4.2.1 Creating Route Profiles

A route profile was created for each route by performing the following steps, which are
visualized in figure 4.3:

• Get the datapoints that have been recorded for the route.

• Assign each datapoint its nearest OSM node.

• Segment the datapoints by the trip during which they were recorded.

• Clean the trip data to get rid of anomalous trips.

• Recombine trip datapoints, ordering datapoints by cumulative distance on their
respective trips.

• Average datapoints into route profile.

4.2.2 Creating Road Grade Profiles

A road grade profile was created for each route by performing the following steps:

• Interpolate the elevation for each point in the route.

• Generate an elevation profile for the route using the points’ cumulative distances.

• Using linear interpolation, downsample the elevation profile to points at 100m
intervals.

• Filter the downsampled elevation profile with a combined binomial Savitzky-Golay
filter.

• Discard and backfill points which have elevation values that differ from their old one
by more than the threshold (10m).

• Filter the elevation profile once more with the combined binomial Savitzky-Golay filter.

• Generate a road grade profile from the route’s elevation profile.

The above steps were performed for every route using the 2m2 LiDAR DEM and the
downsampled 6m2, 10m2, 20m2 and 26m2 DEMs.

20



Figure 4.3: The steps involved in creating a route profile from Dublin Bus data.
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4.3 Data Cleansing

Dublin Bus data is not ready to be put into the road grade calculation until it has been
cleaned. Each route is represented by many trips which are one GPS trace of a journey that
a bus took on a particular day. The multiple trips that represent a route in the Dublin Bus
data may be very different from each other. Some trips have very few points recorded, while
other trips for the same route may have many points. Buses may have been diverted for
some time due to reasons such as construction work on roads. This means that for that
time, the GPS traces recorded can be very different from the GPS traces of the rest of the
trips that represent that route. These diversions do not represent the usual running of the
route well, as they are full of GPS points that are not in the regular route. Also, some of the
GPS traces that represent a route may start in the middle or may end much before the bus
has reached its destination. All of these occurrences lead to anomalies and outliers in the
data which must be dealt with to obtain an accurate representation of the bus route.

Figure 4.4: The 46A bus route profile alongside two of the recorded 46A GPS traces. One
trip has only one GPS point recorded. The other trip includes a path that is not in the route
profile.

Before any road grade calculations are done, the bus data is cleaned by the following steps
so that the output data will represent the bus routes as accurately as possible:

For each route:

• The points that correspond to that route are extracted from the data and sorted by
their time stamp.

• The points are separated into ’trips’ using their ’vehicle_journey_id’ which
corresponds to which bus journey on which the point was recorded.

• Any trip which is made up of less than 50 points is discarded, as the trips which most
accurately represent the routes are made up of hundreds of points. GPS traces with
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less than 50 points represent a version of a route which cuts many corners and misses
out on critical parts of the route. These trips end up having a cumulative distance
which is far too small, which would mess with the algorithm that combines trips into
one single representation of the trip if they were not discarded.

• A set of OSM nodes is created from the nearest OSM node to each of the points in all
the trips for the route.

• The number of times each OSM node appears as a point’s nearest OSM node across
all the trips in the route is recorded.

• The OSM node appearance counts from the previous step are normalised to a
frequency with respect to the total number of trips for the route so that, for example,
an OSM node that appeared in a third of the route’s trips has a frequency of 1

3
.

• Any trip that has a node with a frequency of less than the threshold is discarded. This
means that every trip that remains has only nodes which appear in more than the
threshold number of trips. In the work done by Singla et al. (2018), the threshold
value was set as 0.333333. In the Dublin Bus data used in this work, some routes
would have no trips meeting the criteria set out if this threshold value was taken.
Instead, the threshold value for each route was chosen as the highest threshold
possible that would return some trips to represent the route. This route-specific
threshold value resulted in trips that represented each route as well as possible.

• The remaining trips are considered ’good trips’ that represent the route accurately.
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4.4 Route Averaging

Now that each remaining GPS trace is considered as accurately representing the route, they
can be combined to create a single representation of the bus route. The following steps are
followed to combine GPS traces into a route profile:

• For each trip, all of its points are assigned their cumulative distance along the trip.
Each point’s cumulative distance is the distance between it and the previous point in
the GPS trace added to the previous point’s cumulative distance. The cumulative
distances of points are depicted in figure 4.5.

• All points from every trip are combined into a list which is then sorted by the
cumulative distances that were assigned to the points.

• Now there are many GPS points that represent the route, but many GPS points that
were recorded with some error are now beside each other. If these points were used to
define the route, it would be seen that the total distance of the route would be far
greater than it is in reality. To get a more accurate representation of the route, the
points are put through a moving average filter as described in Section 3.3.1.

Figure 4.5: The cumulative distances of nodes along a GPS trace of the 27B bus.

Once the points from all the trips have been put through the moving average filter, a
smaller number of points which more accurately represent the trip are left. An example of
the points before the moving average filter is applied to the 27B bus route can be seen in
figure 4.6. It can be seen between Beaumont and Coolock that the route profile goes back
and forward. These errors are fixed by the averaging step.
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Figure 4.6: The route profile of the 27B without averaging GPS points from different trips.

An example of the points after the moving average filter is applied to the 27B bus route can
be seen in figure 4.7. These are the points which are used to represent the route in the road
grade calculations.
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Figure 4.7: The 27B bus route after averaging the data from different trips.
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4.5 Generating Elevation Profile

4.5.1 Elevation Interpolation

It has been shown that when using tiled DEMs, elevation is more accurate when interpolated
from the values in the DEM [2]. Singla et al. (2018) found that Advanced Bilinear
Interpolation was the best interpolation technique for achieving accurate elevation values.
This piece of work also uses the Advanced Bilinear Interpolation technique to get more
accurate elevation values for each GPS coordinate. The interpolation of GPS points’
elevation values that is used in this work is described in the following section.

Advanced Bilinear Interpolation

Rather than assign each GPS point on the route the elevation value given to it from the
DEM, elevation values were interpolated using the nearby tiles in the DEM. Figure 4.8
visualises the finding of points to be used in the interpolation. The grid on the left depicts
the GPS point in the route who’s elevation is to be found. The grid on the right depicts the
DEM tiles which contain the interpolation points, (1,3), (2,3) & (2,4), and the interpolation
points themselves (ptA, ptB, ptC & ptD).

Figure 4.8: An illustration of the selection of the points to be used for interpolating GPS
points’ elevations (from Henriques and Bento (2013) [2]).

The advanced bilinear interpolation technique is described in the steps below:

• The point is converted to its EPSG2157 (ITM) format to get the x and y values of the
point in the DEM’s coordinate reference system.
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• The x and y values are rounded to find the column and row number of the point’s tile.
These values indicate the index of the tile in the DEM.

• If the difference between the point’s x value and the tile’s column number is more
than half of the DEM tile size, then the horizontally neighbouring tile chosen for
interpolation is taken from the next column. If the difference is less than half the
DEM tile size, then the horizontally neighbouring tile chosen for interpolation is taken
from the previous column, as is shown in the example in figure 4.8. The same process
is applied with the point’s y value and the tile’s row number to find the vertically
neighbouring tile to be chosen for interpolation.

• The three tiles that will be used in the interpolation have now been found. In the
example shown in figure 4.8, the interpolation tiles (1,3), (2,3) & (2,4).

• The coordinates of the four interpolation points are created using combinations of the
x and y values of the original point and the center of the interpolation tiles:

– ptA: (x value of horizontal neighbour’s center, y value of original point)

– ptB: (x value of original point, y value of original point’s tile’s center)

– ptC: (x value of original point’s tile’s center, y value of original point)

– ptD: (x value of original point, y value of vertical neighbour’s center)

• The elevation values of the four interpolation points is extracted from the DEM.

• The distance between the original point and each of the four interpolation points is
found.

• The weighted average of the four elevation points is found. The weight applied to
each interpolation point’s elevation in the average is the inverse of the distance
between the interpolation point and the original point.

• The weighted average of the interpolation points is assigned as the GPS point’s
elevation value.

4.5.2 Elevation Extraction

The elevation files are in .xyz format. The python library ’rasterio’ was used to sample the
data from the elevation files. The ’rasterio’ ’sample’ function takes a list of coordinates to
be sampled from a file and returns the elevation values for each coordinate. In the interest
of efficiency, a list of coordinates to be sampled from each file must be made instead of
sampling a file for one GPS point at a time. Having to create a list of elevation values
needed from each file before sampling means that the steps of the elevation interpolation, as
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described above, are performed in a somewhat non-intuitive order; finding all the necessary
information to perform the interpolation except the elevation values which will be found
later.

A list of files that need to be sampled is created. A dictionary that maps EPSG coordinates
to elevations is also created. For each point in the route, its four interpolation coordinates
are calculated and added to the list that corresponds to the file from which their elevations
will be sampled. Once the interpolation coordinates of all the points in the route have been
added to a file’s list, each file is opened, and all of the related coordinates’ elevations are
sampled. As the coordinates’ elevations are sampled, they are added to the dictionary. Once
there is an elevation value for every necessary coordinate, the elevation interpolation can be
done for every point in the route by calculating the weighted average elevation of its
interpolation coordinates.

4.5.3 Cumulative Distance

As the elevation for every point in the route is being interpolated, the cumulative distance of
the point along the route is also calculated. Once each point is given a cumulative distance
and elevation value, these can be plotted as (x,y) coordinates to display the elevation profile
for the route. The elevation profile for the 27B bus route can be seen in figure 4.9.

Figure 4.9: The elevation profile of the 27B bus route generated from the 2m2 DEM.
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4.6 Elevation Filtering

Once the elevation profile for a route is found, a function to approximate it is interpolated
using linear interpolation. This function is used to downsample the elevation profile to
points which are spaced out by an interval of 100m along the route. An example of the
approximated function is shown in figure 4.10.

Figure 4.10: The elevation profile of the 27B bus route after being downsampled to 100m
intervals.

The downsampled points are passed into the combined binomial Savitzky-Golay filter
described in Chapter 3. Any point who has a filtered elevation value and original elevation
value that differ by more than the threshold (10m) are discarded and backfilled using linear
interpolation. After the backfilling of the elevation values, the points are once again passed
through the combined binomial Savitzky-Golay filter. The filtered elevation profile for the
27B bus route can be seen in figure 4.11.

After the points have been filtered a second time, they are used to interpolate a new
function to represent the elevation profile. A new elevation profile is generated by
calculating the output elevation for each original point in the route using the interpolated
function. The final result for the 27B bus route can be seen in figure 4.12.
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Figure 4.11: The elevation profile of the 27B bus route after being put through the combined
binomial Savitzky-Golay filter.

Figure 4.12: The elevation profile of the 27B bus route after being the filtering has been
completed.
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4.7 Road Grade Profile Generation

Once the filtered elevation profile has been obtained, the road grade profile for the route can
be calculated. The road grade calculation function, as discussed in Chapter 3, is used to
convert the elevation profile into a road grade profile. Road grade angles are calculated at
100m intervals along the route by interpolating the elevation profile. The road grade profile
merely is the slope of the elevation profile. The road grade profile for the 27B bus route can
be seen in figure 4.13.

Figure 4.13: The road grade profile of the 27B bus route from the 2m2 DEM.
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4.8 Comparing Road Grade Profiles

Road grade profiles were created for 15 bus routes using the 2m2, 6m2, 10m2, 20m2 and
26m2 DEMs.

Using the 2m2 DEM road grade profiles as ground truths, the root mean square error and
mean absolute error for the 6m2, 10m2, 20m2 and 26m2 DEM road grade profiles were
calculated.
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5 Results and Discussion

5.1 Elevation Profiles

The elevation profiles generated for the 27B bus route are shown in figure 5.1. As a result of
interpolating the elevation for each point and smoothing the elevation profiles, there is no
significant difference in the elevation profiles between the elevation profile of the 2m2 DEM
and the elevation profiles of the lower resolution DEMs.

Figure 5.1: The elevation profiles generated for the 27B bus route from 2m2, 6m2, 10m2,
20m2 and 26m2 DEMs.
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5.2 Road Grade Profiles

The road grade profiles generated for the 27B bus route are shown in figure 5.2. It can be
seen that for the most part, the road grade profiles of the lower resolution DEMs match the
road grade profile generated by the 2m2 DEM.

Figure 5.2: The road grade profiles generated for the 27B bus route from 2m2, 6m2, 10m2,
20m2 and 26m2 DEMs.
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5.3 Root Mean Square Error

5.3.1 27B Bus Route

The root mean square error of the road grade profiles generated from the 6m2, 10m2, 20m2

and 26m2 DEMs against the road grade profile generated from the 2m2 DEM for the 27B
bus route can be seen in figure 5.3. Figure 5.3 serves not as an indication of RMSE across
routes, but as an illustration of what the RMSE looks like for the road grade profiles in
figure 5.2. RMSEs like those in figure 5.3 were calculated for each bus route.

Figure 5.3: The root mean square error generated for the 27B bus route’s road grade profiles
from 6m2, 10m2, 20m2 and 26m2 DEMs against its road grade profile from the 2m2 DEM.

5.3.2 All Bus Routes

The average root mean square error of the road grade profiles generated from the 6m2,
10m2, 20m2 and 26m2 DEMs against the road grade profile generated from the 2m2 DEM
for across the set of bus routes can be seen in figure 5.4.

It can be seen that the RMSE drops by no more than 0.3 degrees when increasing DEM
resolution from 26m2 to 10m2. The road grade profile generated by the 6m2 DEM has an
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RMSE only 0.1 degrees less than that of the road grade profile generated by the 10m2 DEM.
Overall, DEM resolution seems to have an insignificant effect on the RMSE of road grade
profiles.

Figure 5.4: The average root mean square error across the bus routes for road grade profiles
from 6m2, 10m2, 20m2 and 26m2 DEMs against the road grade profile from the 2m2 DEM.
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5.4 Mean Absolute Error

5.4.1 27B Bus Route

The mean absolute error of the road grade profiles generated from the 6m2, 10m2, 20m2 and
26m2 DEMs against the road grade profile generated from the 2m2 DEM for the 27B bus
route can be seen in figure 5.5. Figure 5.5 serves not as an indication of MAE across the
routes, but as an illustration of what the MAE looks like for the road grade profiles in figure
5.2. MAEs like those in figure 5.5 were calculated for every bus route. It can be seen that
the MAE of the road grade profiles scales approximately linearly with the resolution of the
DEM used to generate them.

Figure 5.5: The mean absolute error generated for the 27B bus route’s road grade profiles
from 6m2, 10m2, 20m2 and 26m2 DEMs against the road grade profile from the 2m2 DEM.

5.4.2 All Bus Routes

The average mean average error of the road grade profiles generated from the 6m2, 10m2,
20m2 and 26m2 DEMs against the road grade profile generated from the 2m2 DEM for
across the set of bus routes can be seen in figure 5.6.

It can be seen that the average MAE of the road grade profiles scales approximately linearly
with the resolution of the DEM used to generate them. It can be seen that an increase of
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DEM resolution from 26m2 to 6m2 only increased the average MAE of the road grade profiles
by less than 0.1 degrees. The trend of the average MAE of road grade profiles across routes
as DEM resolution gets higher is to decrease, as expected. However, the error in the road
grade profiles only decreases very slightly as DEM resolution gets significantly higher.

Figure 5.6: The average mean absolute error across routes for road grade profiles from 6m2,
10m2, 20m2 and 26m2 DEMs against the road grade profile from the 2m2 DEM.

In the application of producing large scale road grade information, the results from the MAE
of road grade profiles are more important than the RMSE. It is desirable that most roads are
given as accurate road grade information as possible. Decreasing the MAE of the road grade
information produced means that there will be fewer errors in the road grade information on
average, with less emphasis on the size of the errors than in the RMSE. However, it is
important to take both measures of error into account [41].

The results show that both the RMSE and MAE only decrease by less than 0.3 degrees
when DEM resolution is increased from 26m2 to 6m2. This indicates that road grade profile
information is likely already very accurate using low resolution freely available DEMs. As far
as eco-routing is concerned, it may be advisable to look to improving the data used for other
parameters rather than road grade, which will only be improved slightly with more accurate
elevation data.

These findings contrast those of other similar works mentioned in Section 2.1, such as the
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works by Xun Shi et al. (2012) and Zhao et al. (2010), in that the impact of increasing DEM
resolution was found to be relatively insignificant for the application area in this work.

The results may be heavily influenced by the resulting route profiles generated from cleaning
the Dublin Bus data. Some GPS points of the final bus route profiles do not end up exactly
on the road that they should, due to the averaging of multiple trips into one and the
inconsistency of the GPS point recordings along trips. These imperfections of the route
profiles may be essential in the resulting errors of the road grade profiles, and the
relationship portrayed between DEM resolution and road grade profile accuracy. In Chapter
7, future work using perfect route profiles is discussed. It may also be of note that different
results may arise should this experiment be performed in an area with a landscape dissimilar
to that of County Dublin, Ireland.

Finally, though the small decrease in error afforded by higher resolution DEMs may be
insignificant to most, it could be of significance to companies with large fleets of vehicles
each of which make many journeys per day.
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6 Conclusion

Road grade profiles were generated for all bus routes operating in the city of Dublin, Ireland
using DEMs with resolutions of 2m2, 6m2, 10m2, 20m2 and 26m2. Taking the road grade
profile generated by the 2m2 DEM as ground truth, the root mean square and mean average
errors were calculated for each of the road grade profiles generated using the DEMs of lower
resolutions.

It was found that generalised across all routes there was no significant trend in route mean
square error in road grade profiles as the resolution of DEMs increased. The mean squared
error of road grade profiles scaled approximately linearly with DEM resolution. The decrease
in mean squared error across all bus routes was found to be very small.

The results indicate that using a DEM of a higher resolution rather than the freely available
global DEM of the highest resolution only affords a very minimal increase in road grade
profile accuracy.
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7 Future Work

Research into the accuracy of these additional DEMs was not added to this work due to
time constraints.

DEM using Google Elevation API

This work could be expanded on by also calculating the road grade profiles of the bus routes
using a DEM created from Google Elevation API data. Google’s elevation data is used by
many applications, and was used as the ground truth in the research done by Singla et al.
(2018), but has been shown to have some degree of error [47]. It would be of interest to see
how the Google Elevation API data compares to a 2m2 LiDAR DEM in generating road
grade profiles.

SRTM-1 DEM

The road grade profiles of the bus routes could also be generated using the SRTM-1 DEM.
SRTM-1 is the DEM that would be used to generate road grade data on a large scale,
without acquiring data that is not freely available [1]. Because this is the actual data that is
being used today, it is of interest to see how it compares to a 2m2 LiDAR DEM in
generating road grade profiles. It would also be of interest to see what differences there are
between the road grade profiles generated by a 30m2 DEM which is downsampled from a
2m2 DEM and the SRTM-1 DEM (which also has a resolution of 30m2).

Road grade profile generation from perfect route data

This experiment was performed using the state of the art pipeline for generating large scale
road grade information. This pipeline which takes and cleans GPS traces from intelligent
transport systems is prone to error, causing the eventual route profiles not to be 100%
accurate. The route averaging step of the pipeline can result in some points in the route
profile to be off the actual road by several metres. In the future, it may be possible to create
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or obtain more accurate representations of routes. In this case, it would be of interest to
perform this experiment again with perfect representations of each route, where the route
has as many GPS points which all occur on precisely the roads that the bus travels.
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